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Abstract—In this paper, cooperative spectrum sharing is
considered between a primary user (PU) and a secondary user
(SU), where the off-the-grid secondary transmitter (ST) serves as
a cognitive relay to forward both the received primary and secondary signals by exploiting simultaneous wireless information
and power transfer (SWIPT). Based on a two-phase relaying
model, power splitting is adopted by the ST for energy harvesting and information processing in the first phase. Next, the
harvested energy at the ST is used to amplify-and-forward a
linearly weighted combination of the primary and secondary
signals, in the second phase. To enhance the reliability of the
system and utilize the energy harvested more wisely, an energyaware retransmission (EAR) scheme is proposed in the first phase
to guarantee that a certain minimum amount of energy is collected by the ST before launching the second phase. Both outage
and throughput performances are theoretically analyzed for the
PU and the SU. Simulation results demonstrate that a win–win
relationship is built between the PU and the SU under proper
parameter configurations, and the proposed EAR scheme can
bring additional performance gains in unfavorable conditions
imposed under high rate and low power.
Index Terms—Cooperative spectrum sharing, cognitive relay,
simultaneous wireless information and power transfer, power
splitting, energy-aware retransmission.

I. I NTRODUCTION
RADITIONAL options to prolong the lifetime of
energy-constrained wireless networks using rechargeable,
replaceable batteries are inconvenient or even unusable in certain applications [1]. An alternative approach is to scavenge
energy from the surrounding environment, e.g., energy harvesting (EH) from the solar, wind, and radio-frequency (RF)
signal radiations [2]. This option, in theory, has the potential
to provide unlimited power supply to wireless devices, e.g.,
sensors, without consuming extra fossil fuels [3], [4]. Due to
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the highly dynamic operating environment, however, there is a
great uncertainty in the amount of energy harvested. In order
to provide a stable power supply for the sustainable operation
of wireless networks, dedicated RF transmitters or wireless
power beacons have been proposed to achieve efficient wireless power transfer [5]–[8]. By creating a twofold tunnel for
transferring both information and energy [9], the RF signals
enable simultaneous wireless information and power transfer (SWIPT), which significantly improves the efficiency of
energy-constrained wireless networks [10]–[14].
In addition to linear EH models [8]–[10], a parametric non-linear EH model is also proposed in [15], which
is capable of achieving better accuracy for practical EH
circuits. Based on this model, various resource allocation
strategies are then proposed for systems with a single
antenna [16], multiple antennas [17], [18], and for cognitive wireless-powered communication networks [19], [20],
respectively. Further improvements have also been reported for
SWIPT-based MIMO broadcasting systems [21] and energyconstrained relaying networks [22] under power-splitting and
time-switching paradigms.
Given that the spectrum and energy efficiencies are amongst
the most essential design metrics in wireless communications
systems, there has been an increasing interest in applying
SWIPT to cognitive radios for enhancing both the spectrum
and energy efficiencies of wireless networks. For a detectand-avoid paradigm [23] where an EH-based secondary user
(SU) opportunistically accesses the spectrum holes to avoid
interfering the legacy primary user (PU), various spectrum
access policies [24]–[26] are proposed for enhancing the
achievable system throughput [27]–[29]. For a harvest-thentransmit paradigm [30], the SU implicitly harvests the RF
energy by overhearing the PU transmission over a number of
successive time blocks without interrupting the primary link,
and the spectrum sharing begins when the ST has harvested
enough energy. For an interference temperature paradigm [23]
where the SU is allowed to access the licensed spectrum
simultaneously with the PU, the off-the-grid SU has to rely
on the energy harvested from the RF radiations of PU and
strictly control its transmission power to maintain a certain interference or outage constraint at the PU [31]–[33]. A
resource complementary scenario is considered in [34] based
on a spectrum leasing concept [35]. Using this approach the
SU exploits its energy transfer and relay functions to enable
earlier completion of the PU’s transmission [36], in exchange
for some dedicated spectra to transmit the secondary signals
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exclusively. Furthermore, EH via SWIPT has also been applied
to a cognitive overlay paradigm [23] where an SU in the
same frequency band can send its own signal along with
the received primary signal (functioning as a relay) using
amplify-and-forward (AF) [37], [38] or decoded-and-forward
(DF) [39], [40]. A wireless energy harvesting and information
transfer protocol is investigated in [37], [38] for cognitive relay
networks, where a secondary network shares the spectrum
while harvesting energy by assisting the primary transmission.
The exact expression of outage probability and rate-energy
tradeoff has also been analyzed in [37], [38]. Three-phase
energy harvesting and information transmission protocol is
proposed in [41] for cognitive radio sensor networks, where
the energy-constrained secondary sensors serve as DF relay
nodes to forward the primary information with the purpose of
accessing the licensed spectrum. This includes an optimal relay
selection algorithm for maximizing the ergodic throughput of
primary users.
In order to enhance the spectrum utilization of wireless
networks while solving the limitations imposed by energyconstrained wireless devices, in this paper we investigate a
cooperative spectrum sharing system assisted by an SWIPTbased cognitive relay. The PU, consisting of a primary
transmitter-receiver (PT-PR) pair, owns the spectrum but has
a very weak direct channel from PT→PR. On the other hand,
the SU, consisting of a secondary transmitter-receiver (ST-SR)
pair, is located in between the PT and the PR, thus has a better
channel from/to the PT/PR. Then the off-the-grid ST, instead
of waiting for an opportunistic access, will be allowed to act
as a cooperative relay to improve the performance of PU by
using the harvested energy scavenged from the RF radiations
of the PT. In return, the secondary signal is superimposed on
the primary signal and forwarded simultaneously by the ST,
subject to a certain power allocation. The main contributions
of this work are summarized as follows:
• A two-phase AF relaying model is established for a cooperative spectrum sharing system assisted by a SWIPTbased cognitive relay ST involving two co-existing
systems and many parameters. In the first phase, power
splitting is employed at the ST where the received signal
from PT is divided into two parts for information processing and EH. The harvested energy is then used to forward
a linearly weighted combination of the primary signal and
secondary signal with a certain power allocation, in the
second phase. Unlike in [9] and [38], where the direct
channel between PT and PR has been ignored, in our
work the signals received through both the relay channel PT→ST→PR and the direct channel PT→PR (albeit
weak) are utilized for decoding at the PR. This makes it
more challenging to analyze the end-to-end performance
of PU.
• A baseline scheme with a single transmission in the first
phase is first analyzed, where the energy harvested by the
ST, no matter how much, is directly used to power the
relaying transmission. This may result in a high outage
probability due to limited energy availability, subsequently causing unnecessary energy wastage. To enhance
system reliability while using the harvested energy more
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wisely, an energy-aware retransmission (EAR) scheme is
proposed. In this approach, the PT performs retransmissions within a permitted number of retransmissions in
the hope that a certain minimum amount of energy (i.e.,
based on the energy threshold) is harvested by the ST
before launching the subsequent relaying transmission. It
requires sophisticated definitions and characterizations of
different cases across multiple time slots, which makes
the analysis very challenging.
• The outage probability and throughput are analytically
derived for both the PU and the SU. Based on our analytical results, we are able to accurately evaluate throughput
performances of the whole SNR regime under various
channel and rate conditions. Simulation results demonstrate that when the PU suffers from severe path-loss
attenuations, the SU is allowed to access the licensed
spectrum and at the same time performance gains are
achieved for the PU as compared with the case without
spectrum sharing, hence resulting in a win-win situation
between the PU and the SU. Furthermore, with a proper
selection of the energy threshold for EH and the retransmission threshold, the energy harvested over retransmissions can be exploited by the proposed EAR scheme
wisely, which shows additional performance gains over
the baseline scheme and the case without spectrum
sharing under high rate and low power conditions.
Although retransmission policies have been proposed for
point-to-point dual EH links [42] and multiple EH-based
DF relays [43] recently, the focus is on power management
for minimizing the packet drop probability. By contrast, an
SWIPT-based cooperative spectrum sharing system is focused,
where both outage and throughput performances of the system
can be enhanced by the proposed EAR scheme with proper
selections of the thresholds for energy and retransmission.
II. S YSTEM M ODEL
As shown in Fig. 1(a), we consider a cognitive spectrum
sharing system where an ST-SR pair wishes to access the
spectrum licensed to a PT-PR pair and all terminals operate in half-duplex mode. The PT is connected to a stable
power supply and transmits signal xp at a fixed power Pp .
The off-the-grid ST relies on the energy harvested from the RF
radiations of the PT to remain active in the network and transmits with best-effort at a power Ps that is a random variable
depending on the harvested energy. Denote hp,p , hp,s , hp,r ,
hs,p , and hs,r as the corresponding coefficients of channels
PT→PR, PT→ST, PT→SR, ST→PR, and ST→SR, respectively. Although SWIPT typically relies on line-of-sight (LoS)
links to overcome severe power attenuation, in urban environments a perfect LoS links may not be guaranteed due to the
rich scatters/reflectors or obstacles moving into the SWIPT
path. As such, we adopt a Rayleigh fading model by taking into account the path-loss attenuations [9], [14]. Then
we have the channel coefficient hj ,k ∼ CN (0, dj−v
,k ), where
j ∈ {p, s} and k ∈ {p, s, r }, dj ,k denotes the corresponding
distance between j and k, and v denotes the path-loss exponent.
Denoting γj ,k = |hj ,k |2 as the channel power gain, we have

582

IEEE TRANSACTIONS ON COGNITIVE COMMUNICATIONS AND NETWORKING, VOL. 5, NO. 3, SEPTEMBER 2019

and secondary signals is transmitted by ST by using the
harvested energy, subject to a certain power allocation
factor α between them.
Since xp and xs are transmitted simultaneously by the ST
in the second phase, spectrum sharing can be achieved simultaneously between the PU and the SU in the same frequency
band, which significantly improves system spectrum efficiency
without consuming extra energy. Note that the interference
brought to PU due to the transmission of xs can be potentially compensated by selecting a suitable power allocation
factor α [48], [49], as will be shown later in Section V.
(a)

(b)
Fig. 1. Illustrations of the system model on a two-phase AF relaying protocol.
(a) The considered cooperative spectrum sharing system in which the SWIPTbased ST serves as the cognitive relay. (b) A two-phase relaying protocol
with power splitting performed at ST for EH and information processing
respectively.

γj ,k ∼ exp(djv,k ). The additive white Gaussian noise (AWGN)
at the respective receivers is denoted by nk ∼ CN (0, σ 2 ),
k ∈ p, s, r .
Provided the dense urban environmental conditions, it
is assumed that the direct channel PT→PR suffers from
severe path-loss attenuations due to obstacles or deep
fading [14], [44], [45]. Then the PU has to rely on close-by
terminals that provide cooperative relaying transmissions. An
ST that is located in between the PT and the PR, having a
better channel and signal observation from (to) the PT (PR),
is willing to serve as a cognitive relay for the primary system
in exchange for spectrum access opportunities. Then, through
a series of well-defined handshake operations [23], the cooperative spectrum sharing can be established between the PT-ST
pair and the ST-SR pair by exploiting the cognitive and cooperative relaying transmission provided by the ST. To be specific,
an AF relaying protocol [9] is considered and the transmission of a primary signal xp (and secondary signal xs ) can be
divided into two successive phases, as illustrated in Fig. 1(b).
• In the first phase, the PT transmits a primary signal xp
to the ST where SWIPT is performed. To be specific,
the corresponding received signal observation at the ST
is split into two portions for information processing and
EH respectively, with a power splitting factor λ [46]. The
energy harvested is then stored in a battery of sufficiently
large capacity [47].
• In the second phase, the ST transmits the locally generated secondary signal xs along with xp after amplification
to a certain power constraint. To be specific, a composite
signal xc that is a linearly weighted sum of the primary

III. A BASELINE S CHEME W ITH A S INGLE T RANSMISSION
Based on the system model introduced in Section II, we
first consider a baseline scheme with a single transmission in
the first phase. As shown in Fig. 2(a), slot-based transmissions are considered where each phase consists of a single
time slot. Since only a small fraction of each time slot can be
occupied for control signaling exchanges (e.g., pilot sequence
for channel estimation), its interval is very short compared
to the duration of data transmission and therefore can be
ignored [9], [34], [38]. Thus, it is assumed that the effective
communication time equals the duration in each time slot.
In the first phase, the PT transmits a signal xp at a predefined target rate Rp . Then the corresponding received signal
at the PR, ST, and SR is given as

(1)
yk = Pp hp,k xp + nk , k ∈ {p, s, r }.
As illustrated in Fig. 1(b), power splitting [12] is performed at
the ST where a fraction λ of the received signal observation
ys is used for information forwarding, with the remaining λ̄ = 1 − λ for EH [46]. In general, estimating the
optimal power splitting factor, in terms of end-to-end system
performance, would require the instantaneous availability of
the perfect global channel state information, which cannot be
practically obtained at the intermediate relay ST. Thus, we
select a fixed power splitting factor that can achieve a reasonably good performance on average [22], [38]. Assuming
that the energy consumed in receiving and processing signal
is negligible, a pessimistic case is considered where the power
splitting only acts on the signal and not on the noise power.
Then the energy harvested by the ST at the end of the first
phase is given by

2
(2)
Eh = η λ̄Pp hp,s  ,
where η ∈ (0, 1) denotes the energy conversion efficiency.
In the second phase, with a power allocation factor α
between xp and xs , a composite signal
√
 

xc = αPs β λys + n0 + (1 − α)Ps xs
(3)
is transmitted by the ST with best-effort, i.e., all energy
harvested in (2) is used for transmission where Ps =
η λ̄Pp |hp,s |2 . Here n0 ∼ CN (0, σ02 ) denotes the noise introduced by signal conversion from bandpass to baseband, and
β=

1
1
≈

2

2
λPp hp,s  + λσ 2 + σ02
λPp hp,s 

(4)
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(a)

(b)
Fig. 2. A slot-based two-phase model, where Eh represents the energy
(t)
harvested by ST after a single transmission in (2), and Eh , Eth , and N
represent the energy harvested by ST after t transmissions in (18), the energy
threshold for EH, and the retransmission threshold, respectively. (a) A baseline
scheme with a single transmission in the first phase. (b) Proposed EAR scheme
with retransmissions in the first phase.

denotes the power amplification factor obtained assuming
Pp  σ 2 , σ02 [49]. Then, the corresponding received signal at
the PR and the SR at the end of the second phase is given as
yk = hs,k xc + nk , k ∈ {p, r }


= β αλPs Pp hp,s hs,k xp + (1 − α)Ps hs,k xs


+ β αλPs hs,k ns + β αPs hs,k n0 + nk .
(5)
A. Outage Analysis of Primary System
By maximal-ratio combining (MRC) of the received signals (1) and (5) through both the direct and the relay channels
in two successive phases, the received signal-to-interferenceplus-noise ratio (SINR) at the PR is expressed as

2
Pp hp,p 
γp =
σ2
β 2 αλPs Pp |hp,s |2 |hs,p |2
+

2

2 

(1 − α)Ps hs,p  + β 2 αPs hs,p  λσ 2 + σ02 + σ 2

2

2 
2
Pp hp,p 
Pp ξ1 hp,s  hs,p 
≈
+
(6)
2

σ2
Pp ξ2 |hp,s |2 + ξ1 ϕ hs,p  + σ 2

2

2 
2
Pp hp,p 
Pp ξ1 hp,s  hs,p 
≈
+
,
(7)

2
σ2
Pp ξ2 hp,s  |hs,p |2 + σ 2
σ2

where ξ1 = αη λ̄, ξ2 = (1 − α)η λ̄, and ϕ = σ 2 + λ0 . The
approximation in (6) is obtained from (4), and the approximation in (7) is obtained assuming ξ1 ϕ|hs,p |2  σ 2 . For a
general network topology where nodes are located relatively
apart from each other, this would be a reasonable assumption
and, for most cases, we have |hs,p |2  1 as the result of
path-loss attenuations.
Here, we adopt an outage definition that is widely used
in systems with retransmissions [50]–[52], where the outage
probability characterizes how reliably a message can be eventually delivered, irrespective of the number of occupied time
slots. Defining γp,0 = 2Rp − 1 as the SINR threshold for successfully decoding xp , the outage probability for the primary
system can then be expressed as


Op = Pr log2 1 + γp < Rp = Pr γp < γp,0 , (8)
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which is theoretically analyzed and summarized in
Theorem 1.
Theorem 1: For the considered baseline scheme, the PT
performs a single transmission in the first phase and the ST
uses the harvested energy to transmit a linearly weighted sum
of the primary and secondary signals in the second phase.
Denoting x = |hp,s |2 , y = |hs,p |2 and z = |hp,p |2 , the
end-to-end outage probability of the PU can be obtained as
⎧


γp,0 σ 2
ξ1 σ 2
⎪
v
⎪
d
−
∞
p,p
⎪
Pp ξ 2
Pp
v e
⎪
1 − dp,s
⎪
0 I1 (x )dx ,
⎪
⎪
γp,0
⎪
⎪
when
0
<
α
≤
,
⎪
1+γp,0 
⎪



⎪
⎨
v dv γ
2
v dv γ
2
dp,s
dp,s
s,p p,0 σ
s,p p,0 σ
(9)
K1 2
1−2
φ1
φ1
⎪
⎪
⎪


⎪
⎪
γ
σ2
ξ1 σ 2
⎪
v
dp,p
− p,0
⎪
∞
⎪
P
ξ
P
p
p
v
2
⎪
− dp,s e
⎪
0 [I1 (x ) − I2 (x )]dx ,
⎪
⎪
⎩ when γp,0 < α < 1,
1+γp,0
dv

where φ1 = Pp (ξ1 − ξ2 γp,0 ), I1 (x ) = e
v σ2
ds,p
Pp ξ 2 x
v γ
2
ds,p
p,0 σ

(1,

φ1 x

;
;

v ξ σ4
ds,p
1
Pp2 ξ22 x
v ξ σ4
ds,p
1
Pp2 ξ22 x

), I2 (x ) = e

v x + s,p
−dp,s
P ξ

v
2
v x + ds,p σ
−dp,s
Pp ξ 2 x

σ2

p 2x

Γ(1,

v σ2
ds,p
Pp ξ 2 x

Γ
+

), Kv (·) denotes the modified Bessel func-

tion of the second kind with order v [53], and Γ(a, x ; b)
is the generalized incomplete Gamma function defined by
 a−1 (−t− bt )
Γ(a, x ; b)  x∞t e
dt [54].
Proof: See Appendix A.
B. Outage Analysis of Secondary System
By using conventional training sequences, the corresponding channel state information of the incoming channel
PT→SR can be estimated accurately at the receiver side
SR [38], [55], [56] for information detection. Since the focus
of our work is on the performance analysis of the proposed
EAR scheme over multiple time slots, an upper bound
performance is considered for the secondary system. Under
these conditions, the SR can correctly decode the primary
signal xp in the first phase [38], [48]. Then, the interference
component of xp , after being reconstructed using the estimated
channel state information, is removed from the received signal at SR in the second phase leading to a perfect interference
cancellation of the PU signal [38], [39]. Then from (5), the
effectively received signal at the SR is given as


yr = (1 − α)Ps hs,r xs + β αλPs hs,r ns

+ β αPs hs,r n0 + nr .
(10)
The corresponding received signal-to-noise ratio (SNR) at the
SR is expressed as

2
(1 − α)Ps hs,r 
γs =

2 

β 2 αPs hs,r  λσ 2 + σ02 + σ 2

2 
2
Pp ξ2 hp,s  hs,r 
≈
(11)

2
ξ1 ϕhs,r  + σ 2

2 
2
Pp ξ2 hp,s  hs,r 
≈
.
(12)
σ2
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Similarly, the approximation in (11) is obtained from (4), and
the approximation in (12) is obtained assuming ξ1 ϕ|hs,r |2 
σ 2 . Defining γs,0 = 2Rs − 1 as the SNR threshold for successfully decoding xs where Rs denotes the target rate of xs ,
then an outage occurs for the SU with a probability
Os = Pr γs < γs,0 ,

(13)

and the ST in the tth time slot, where t ∈ {1, . . . , N }, can be
expressed as

(17)
yk (t) = Pp hp,k (t)xp + nk (t), k ∈ {p, s}.
Upon power splitting of the received signal observation ys (t),
the energy harvested by the ST up to the tth time slot is
given as

as theoretically analyzed and summarized in Theorem 2.
Theorem 2: For the considered baseline scheme, by letting
v dv γ
2
dp,s
s,r s,0 σ
Pp ξ 2

x = |hp,s |2 , y = |hs,r |2 and φ2 =
probability of the SU can be obtained as
  

Os = 1 − 2 φ 2 K1 2 φ 2 .

(t)

Eh

, the outage
(14)

Proof: See Appendix B.
C. Throughput Analysis
As shown in Fig. 2(a), since each phase consists of a single
time slot, the average throughput, which is defined as the total
amount of data successfully received by the PU (or SU) per
time slot [27], can be expressed as


1 − O p Rp
,
(15)
Tp =
2
(1 − Os )Rs
Ts =
.
(16)
2
IV. P ROPOSED EAR S CHEME
For the above baseline scheme where the PT performs
only a single transmission in the first phase, it is assumed
that the energy harvested Eh , no matter how much, can
be directly used to power the transmission in the second
phase [38]–[40], [46]. This may not be the case in practical
systems where a certain minimum amount of energy, e.g., circuit power consumption, is required before a transmission can
take place [47]. Additionally, the energy harvested after a single transmission may not be sufficient to enable successful
delivery of xp and xs in the second phase, leading to a high
outage probability and energy wastage. In order to enhance
reliability of the system while using the harvested energy more
wisely, we propose an EAR scheme.
A. Proposed EAR Scheme With Energy Accumulation in
Phase 1
As shown in Fig. 2(b), the PT performs retransmissions of
xp in the first phase until either the energy threshold Eth or the
retransmission threshold N is firstly hit. Considering that channels keep changing from slot to slot, it is difficult to obtain an
accurate instantaneous channel state information of ST→PR
at the ST. Thus, rather than adaptively changing the value of
Eth based on the channel fluctuation for successful transmissions from ST to PR, we assume a fixed value of Eth at ST in
the hope that statistically a certain outage probability can be
achieved at the PR [55], [57]. For simplicity, it is assumed that
the feedback of acknowledgement (ACK) or negative acknowledgement (NACK), indicating whether Eth is met or not, is
error-free and completed immediately with negligible overhead [58]. Then, the corresponding received signal at the PR

=

t


2

η λ̄Pp hp,s (i ) .

(18)

i=1

Depending on when Eth is met, we have the following
mutually exclusive events.
• E1 = {The ST harvests sufficient energy after the first
(1)
time slot, i.e., Eh ≥ Eth };
N

(t)
(t)
• E2 = {
E2 | E2 : The ST harvests sufficient energy
t=2

(t−1)

(t)

right after the tth time slot, i.e., Eh
< Eth ≤ Eh };
• E3 ={The ST harvests insufficient energy after N time
(N )
slots, i.e., Eh < Eth }.
Remark 1: With a proper selection of the energy threshold,
Eth , and the retransmission threshold N, a reasonable amount
of energy can be accumulated at the ST for enabling a successful delivery of information and without any significant delay.
This translates into throughput gains of the proposed EAR
scheme, especially in high rate and low power regimes, as will
be shown later in Section V. More specifically, when both the
baseline scheme and the case without spectrum sharing are
stuck in outage due to a very limited energy availability at
the ST, it is still possible for the proposed EAR scheme to
successfully deliver some information.
For events E1 and E2 that sufficient energy is harvested
at the end of the tth time slot, for t ∈ {1, . . . , N }, the ST
proceeds to transmit a composite signal

 
√
(t)
(t)
xc = αPs β λys (t) + n0 + (1 − α)Ps xs (19)
(t)

in the second phase, where Ps
the power amplification factor
β=

1
λPp |hp,s

(t)|2

+ λσ 2

+ σ02

=

t

i=1

≈

η λ̄Pp |hp,s (i )|2 and

1
2

λPp hp,s (t)

(20)

assuming Pp  σ 2 , σ02 . Upon collecting sufficient energy
right after the tth time slot, only the latest received signal
observation ys (t) is amplified and forwarded by the ST, as
given in (19). Then the corresponding received signal at the
PR and the SR in the second phase is given as
yk = hs,k xc + nk , k ∈ {p, r }


(t)
(t)
= β αλPs Pp hp,s (t)hs,k xp + (1 − α)Ps hs,k xs

√

(t)
+ β αPs hs,k
λns + n0 + nk .
(21)
By MRC of the received signals in (17) and (21) through both
the direct and the relay channels in two successive phases, the
corresponding received SINR at the PR is given as (22) shown
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(t)

γp ≈

t


2

Pp hp,p (i )
σ2

i=1

α
t

i=1

=

σ2

i=1

≈

σ2

i=1

P p ξ1
+

(22)

t


λ|hp,s (t)|

t

i=1

 


hp,s (i )2 hs,p 2
t


2
2
t 
2 
2 ξ1 ϕ i=1 |hp,s (i)| |hs,p |





hp,s (i ) hs,p +
P p ξ2
+ σ2
2

i=1

2

t

Pp hp,p (i )

2

η λ̄Pp hp,s (i ) |hs,p |2

α
η λ̄|hp,s (i)|2 |hs,p |2 (σ02 +λσ 2 )
2 

2
η λ̄Pp hp,s (i ) hs,p  + σ 2 + i=1
2

P p ξ1
+

t

i=1

+
(1 − α)

2

t

Pp hp,p (i )
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t


i=1

|hp,s (t)|

 


hp,s (i )2 hs,p 2
(23)

t 
 


hp,s (i )2 hs,p 2 + σ 2
P p ξ2
i=1

at the top of this page, with the corresponding received SNR
at the SR
2 

2

(1 − α) ti=1 η λ̄Pp hp,s (i ) hs,r 
(t)
(24)
γs ≈ t
2 )
α i=1 η λ̄|hp,s (i)|2 |hs,r |2 (σ02 +λσps
2
+
σ
λ|hp,s (t)|2
2 
2
t 
Pp ξ2 i=1 hp,s (i ) hs,r 
=

ξ1 ϕ ti=1 |hp,s (i)|2 |hs,r |2
+ σ2
|hp,s (t)|2
2 

2

Pp ξ2 ti=1 hp,s (i ) hs,r 
≈
.
(25)
σ2
Similarly, the approximations in (22) and (24) are obtained
from (20), and the approximations in (23), as shown at the top
of this page and (25) are obtained assuming ξ1 ϕ|hs,p |2  σ 2
and ξ1 ϕ|hs,r |2  σ 2 , respectively.
(N )
For event E3 where an energy outage occurs, i.e., Eh <
Eth , although it would be helpful to consume all the harvested energy at the ST for forwarding xc in the second
phase, we assume that the ST remains silent for the sake
of protocol consistency. Then PR attempts to recover xp by
MRC of the received signals through only the direct channel
PT→PR across the past N time slots, i.e., yp (1), . . . , yp (N ).
The corresponding received SNR at the PR is expressed as
2

N

Pp hp,p (i )
.
(26)
γd =
σ2
i=1

Remark 2: Conditioned on event E3 , although the ST has no
chance to transmit in the subsequent relaying phase, the energy
(N )
harvested Eh can potentially be retained for a future usage.
However, since our focus is on the performance analysis for
the transmission of a primary message over two successive
phases, this scenario is beyond the scope of our manuscript
and will be delegated to future works. For tractable analysis,
it is assumed that the harvested energy will gradually drain off
at the beginning of the transmission of a new primary signal,
which could be hours, days or even weeks apart depending on
the specific application [56]. This is a reasonable assumption
in sensor networks where the low-power sensor node stores the
harvested energy in supercapacitors that have the advantages of
high energy density, fast charging cycle, and years of charging

and discharging cycles [59], but come at a cost of high selfdischarging [60].
B. Outage Analysis of Primary System
With a joint consideration of all possible events in the first
phase, the end-to-end outage probability of the primary system
under the EAR scheme is derived in Theorem 3.
Theorem 3: For the propsed EAR scheme, taking into
account of all possible events E1 , E2 and E3 in the first
phase, the overall end-to-end outage probability of PU can
be obtained as

 
(1)
γp < γp,0
Op = Pr E1



E1,out

+

N




(t)

Pr E2

t=2


+ Pr E3





 (t)
γp < γp,0


(t)

E2,out


γd < γp,0 .



(27)

E3,out

(t)

Proof: The probabilities Pr{E1,out }, Pr{E2,out } and
Pr{E3,out } are derived in Lemma 1, Lemma 2 and Lemma 3
respectively.
Lemma 1: For event E1,out that the energy harvested
exceeds the energy threshold Eth right after the first time slot
in the first phase and the primary signal xp fails to be decoded
by the PR in the second phase, by letting x = |hp,s (1)|2 ,
y = |hs,p |2 and z = |hp,p |2 , the corresponding probability
Pr{E1,out } can be derived as


⎧
v E
γp,0 σ 2
ξ1 σ 2
dp,s
v
th
⎪
d
−
∞
−
⎪
Pp
v e p,p Pp ξ2
⎪
e ηλ̄Pp − dp,s
⎪
Eth I1 (x )dx ,
⎪
⎪
η λ̄Pp
⎪
⎪
γp,0
⎪
⎪
,
when 0 < α ≤ 1+γ
⎪
⎪
p,0
⎪
v


⎨ dp,s Eth
v E
v
v
2
− ηλ̄P
dp,s
th dp,s ds,p γp,0 σ
p
(28)
e
− Γ 1, ηλ̄P ;
φ1
⎪
p
⎪


⎪
⎪
γ
σ2
⎪
ξ1 σ 2
v
⎪
dp,p
− p,0
∞
⎪
Pp ξ 2
Pp
v
⎪
⎪
−dp,s e
Eth [I1 (x ) − I2 (x )]dx ,
⎪
⎪
⎪
η λ̄Pp
⎪
⎩
γp,0
< α < 1.
when 1+γ
p,0
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Proof: See Appendix C.
(t)
Lemma 2: For event E2,out that the energy harvested
exceeds the energy threshold Eth right after the tth time slot
in the first phase and the primary signal xp fails to be decoded
t−1

|hp,s (i )|2 ,
by the PR in the second phase, by letting x =
y = |hp,s

(t)|2 ,

z = |hs,p

|2

t


and w =

i=1

(t)

i=1

|hp,p (i )|2 , the

corresponding probability Pr{E2,out } can be obtained as
⎧ E
th
⎪
 ηλ̄P
∞
∞
⎪
p
⎪
⎪
Eth
⎪
0
0 I (x , y, z )
−x
⎪
⎪
η λ̄Pp

⎪
γp,0
⎪
v f (x , y, z ) dzdydx ,
⎨
0 < α ≤ 1+γ
× γ t, dp,p
p,0

Pr E1,out = e

2

γ
σ
Eth
⎪
 ηλ̄P
∞
 (xp,0
⎪
+y)φ1
p
⎪
⎪
I (x , y, z )
Eth
⎪
⎪ 0
−x 0
⎪
η λ̄Pp
⎪

⎪
⎩ × γ t, d v f (x , y, z ) dzdydx ,

p,p

γp,0
1+γp,0

< α < 1,
(29)

σ2

γp,0
Pp

ξ

σ 2 (x +y)z

− P ξ1 (x +y)z +σ2 , I (x , y, z )
p 2
v
v
v
vt d v e −(dp,s x +dp,s y+ds,p z )

x t−2 dp,s
s,p
and γ(α, x ) = 0x e −t
=
(t−2)!(t−1)!
t α−1 dt is the incomplete gamma function [53, eq. (8.350)].
Proof: See Appendix D.
Lemma 3: For event E3,out that an energy outage occurs
in the first phase, the ST remains silent in the second phase,
and the PR has to rely on the received signals from the direct
channel across N time slots. From (26), the corresponding
probability Pr{E3,out } can be derived as
!
"
γp,0 σ 2
Eth
Pr x <
,y <
Pp
η λ̄Pp
v x
# Eth N −1 vN −dp,s
dp,s e
η λ̄Pp x
=
(N − 1)!
0
2
γ
σ
v y
# p,0
vN e −dp,p
y N −1 dp,p
Pp
dydx
(N − 1)!
0
 d v E   d v γ σ2 
p,0
th
γ N , ηp,s
γ N , p,pPp
λ̄Pp
=
,
(30)
(N − 1)!(N − 1)!
where f (x , y, z ) =

by letting x =

N

i=1

|hp,s (i )|2 and y =

N

i=1

(t)

Pr E2

t=2


 (t)
+ Pr {E3 }.
γs < γs,0
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(32)

i=1

y = |hp,s (t)|2 and z = |hs,r |2 , we have the corresponding
(t)
probability Pr{E2,out }
 d v E t−1 $
p,s th
η λ̄Pp

(t − 2)!(t − 1)

e

−

v E
dp,s
th
η λ̄Pp


− Γ 1,

v E
dp,s
th

η λ̄Pp

%
; φ2

. (33)

Proof: See Appendix F.
Lemma 6: For event E3 that an energy outage occurs in the
first phase, the ST remains silent and there is no way for the
SR to recover xs in the second phase. We have
&
'
E
Pr{E3 } = Pr x < th
η λ̄Pp
v x
# Eth N −1 vN −dp,s
dp,s e
η λ̄Pp x
dx
=
(N − 1)!
0

d v Eth
γ N , ηp,s
λ̄Pp
,
(34)
=
(N − 1)!
by letting x =

N


|hp,s (i )|2 .

D. Throughput Analysis

E1,out

+

v E
dp,s
th

|hp,p (i )|2 .

Theorem 4: For the proposed EAR scheme, taking into
account of all possible events E1 , E2 and E3 in the first phase,
the overall end-to-end outage probability of the secondary
system can be similarly expressed as

 
(1)
γs < γs,0
Os = Pr E1





−

Proof: See Appendix E.
(t)
Lemma 5: For event E2,out that the energy harvested
exceeds the energy threshold Eth right after the tth time slot in
the first phase and the secondary signal xs fails to be decoded
t−1

|hp,s (i )|2 ,
by the SR in the second phase, by letting x =

i=1

C. Outage Analysis of Secondary System

N


(t)

Proof: The probabilities Pr{E1,out }, Pr{E2,out } and
Pr {E3 } are derived in Lemma 4, Lemma 5 and Lemma 6
respectively.
Lemma 4: For event E1,out that assumes the energy harvested exceeds the energy threshold Eth right after the first
time slot in the first phase and the secondary signal xs fails
to be decoded by the SR in the second phase, by letting
x = |hp,s (1)|2 and y = |hs,r |2 , the corresponding probability
Pr{E1,out } can be derived as

(31)

From Fig. 2(b), with normalization with respect to the number of time slots required to deliver a message, the average
throughput (i.e., the total amount of data successfully delivered
per time slot per Hz) can be similarly obtained. To be specific,
conditioned on event E1 , it takes two time slots to deliver xp
and xs to their respective destinations. Conditioned on event
(t)
E2 , where t ∈ {2, . . . , N }, it takes (t + 1) time slots to
deliver xp and xs to their respective destinations. Conditioned
on event E3 , an energy outage occurs and no relaying transmission is performed. Then, the SU experiences an outage and
the PR attempts to decode xp by using the signals received
from the direct channel PT→PR. Thus, from (27) and (31),
the average throughput achieved by the PU and the SU can
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be respectively obtained as


Pr{E1 } − Pr E1,out Rp
Tp =
  2 


(t)
(t)
N
− Pr E2,out Rp
 Pr E2
+
t +1
t=2


Pr{E3 } − Pr E3,out Rp
,
+
N +1 

Pr{E1 } − Pr E1,out Rs
Ts =
2


(t)
(t)
N
Pr{E2 } − Pr{E2,out } Rs

.
+
t +1
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(35)
(a)

(36)

t=2

V. S IMULATION R ESULTS
In this section, simulation results are presented to demonstrate the performance of the proposed SWIPT-based cooperative spectrum sharing system under different schemes. Due
to the inherent complexity of the considered system model
and the proposed EAR scheme, our analytical expressions
end up with some integrals that cannot be further simplified.
However, it is worth noting that these integrals can be readily calculated by the integral tools in MATLAB. To reflect
the relative locations of PT-PR and ST-SR while enabling
operability of SWIPT, we let dp,p = 40m, dp,s = 15m,
ds,p = 30m, and ds,r = 30m for the direct channel PT→PR,
relay channels PT→ST, ST→PR, and the secondary channel ST→SR [14], respectively. To reflect the relatively weak
direct channel PT→PR, we adopt a greater path-loss exponent
v = 6 for the direct channel PT→PR [44], [45] compared to
the relay channels PT→ST→PR with v = 3 [14], [30]. For
ease of illustration, we let the power splitting factor λ = 0.2,
the power allocation factor α = 0.8, the energy conversion
efficiency η = 0.8, primary transmit power Pp = 20dBm,
noise power σ 2 = σ02 = −80dBm, the duration of a time
slot equal to 1 second, target rates Rp = Rs = 2bits/s/Hz,
retransmission threshold N = 3, and energy threshold for EH
Eth = −30dBm(s) respectively, unless otherwise specified. As
shown in Fig. 3-Fig. 10, both the derived analytical results
and Monte Carlo simulation results are presented, which are
represented by lines and markers respectively.
Fig. 3 displays the impact of Eth and N on the outage
performance of the PU. As shown in Fig. 3(a), Op is plotted
with respect to Eth when N = 2, 3, 4. With a very small
Eth = −40dBm(s) that can be easily met after the first transmission, the EAR scheme acts almost the same as the baseline
scheme as if there is no constraint in the first phase, but suffers from performance loss due to limited energy available
in the second phase. With an increase in Eth , since more
energy can be potentially harvested by the ST, a better outage
performance is achieved by the EAR scheme over the baseline scheme. With an unnecessarily high Eth , however, since
the ST can hardly collect sufficient energy within a permitted number of retransmissions, the performance of the EAR
scheme is severely degraded and becomes even worse than
that of the baseline scheme. Thus, a proper Eth is required
to strike a balance between the two successive phases, such

(b)
Fig. 3. The effects of Eth and N on the outage performance of PU. (a) Op
versus the energy threshold Eth for EH. (b) Op versus the retransmission
threshold N.

that a reasonably good end-to-end outage performance can be
achieved.
Furthermore, with a higher N, in general it is beneficial
to employ a larger Eth so that more energy can be harvested for achieving a better outage performance of the PU,
as illustrated in Fig. 3(b). It is observed that a higher Eth
generally requires a greater N in order to take full advantage of the EAR scheme, e.g., Op under Eth = −30dBm(s),
−25dBm(s), −20dBm(s), −15dBm(s) becomes stable at about
N = 3, 4, 5, 7, respectively. On the other hand, for a given N,
while a small Eth leads to an under-utilization of the EAR
scheme where more energy could have been harvested, an
unnecessarily high Eth imposes an extra constraint on the
first phase and could severely degrade the end-to-end outage performance. Thus, both Eth and N need to be properly
selected1 for exploiting the full potential of the proposed EAR
scheme.
Fig. 4(a) demonstrates Op versus Rp under different values
of Pp . It is observed that the overall performance improves
with a higher Pp and degrades with a greater Rp . Furthermore,
with a small Eth = −40dBm(s), both the EAR and baseline schemes have close performances, which agrees with the
results shown in Fig. 3. On the other hand, with a greater
Eth = −30dBm(s), since more energy can be potentially harvested by the ST to power the relay transmission in the second
phase, a better outage performance is achieved by the EAR
scheme.
Fig. 4(b) demonstrates the system outage probability versus α. It is observed that a performance tradeoff exists between
the PU and the SU in the proposed cooperative spectrum
1 In the rest of the simulations, a proper N is selected for a given E ,
th
according to the results illustrated in Fig. 3(b).
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(a)

(a)

(b)

(b)

Fig. 4. The effects of Rp and α on the system outage performance. (a) Op
versus the primary target rate Rp . (b) Op and Os versus the power allocation
factor α.

Fig. 5. The effects of different parameters on the average throughput of
PU. (a) Tp versus primary target rate Rp . (b) Tp versus primary transmit
power Pp .

sharing system. This is because with a greater α, more energy
is allocated to forward the primary signal at the ST, which
ends up with a better performance of PU while degrading
the performance of SU. It is also observed that both the PU
and the SU under the EAR scheme outperform that under the
baseline scheme under the prescribed parameter settings where
Eth = −30dBm(s) and N = 3.
Next we demonstrate the system average throughput in
Fig. 5. From Fig. 5(a) where Tp is plotted with respect to Rp ,
we can observe that Tp after reaching its maximum value,
decreases as Rp continues to increase. This is expected as
Tp is limited by the low information rate and high outage
probability in the low and high rate regions, respectively. In
the low-rate region, the case without spectrum sharing outperforms the EAR and baseline schemes, which require at
least two time slots to deliver a message. With an increase
in Rp , the performance of the case without spectrum sharing
suffers from a high outage probability, whereas a reasonably good outage performance can be maintained for the
EAR and baseline schemes with the assistance of cooperative relaying. For the high rate scenario of Rp = 3.6bits/s/Hz,
the corresponding throughput Tp achieved by the baseline
scheme and the EAR scheme with Eth = −15dBm(s) is
0.0685bits/s/Hz and 0.2936bits/s/Hz respectively, which corresponds to a performance gain of 328.74% for the proposed
EAR scheme. This is reasonable since almost no data can be
reliably delivered by both the baseline scheme and the case
without spectrum sharing due to very limited energy availability. At the same time, it is still possible for the proposed EAR
scheme to successfully deliver some information by exploiting
the energy harvested over retransmissions.
Similar phenomena can be observed in Fig. 5(b) where Tp
is demonstrated versus Pp . It is observed that with an increase

of Pp , the overall throughput is enhanced and the case without
spectrum sharing achieves a 2-fold throughput asymptotically
compared to the EAR and baseline schemes that require at
least two time slots for delivering a message. With a proper
setting of Eth = −30dBm(s), it can be observed that the EAR
scheme performs the best in low-power regions. To be specific, when Pp = 8dBm, the corresponding Tp achieved by the
baseline and the proposed EAR schemes are 0.0909bits/s/Hz
and 0.1719bits/s/Hz respectively. This indicates a performance
gain of 89.11% for the proposed EAR scheme. However, with
an unnecessarily high Eth = −15dBm(s), since more time slots
are required to meet Eth , the throughput of the EAR scheme is
degraded and becomes even worse than the baseline scheme.
From the observations in Fig. 5(a) and Fig. 5(b), the validity
of the proposed EAR scheme is verified in unfavorable conditions due to high-rate and low-power requirements. It is worth
noting that even under the non-linear EH model, the linearity
holds in the low-power regime to a certain extent [15], [21]. It
can then be expected that the performance gains achieved by
the proposed EAR scheme in the low-power regime can still
hold.
The system average throughput versus α is demonstrated
in Fig. 6, where a performance tradeoff exists between the
PU and the SU. By adopting Eth = −30dBm(s) and N = 3,
the EAR scheme achieves a slight performance improvement
over the baseline scheme, as consistent with Fig. 5. Note that
with a proper power allocation factor, specifically, α > 0.67, a
higher throughput of PU is achieved by the proposed cooperative spectrum sharing system than the system without spectrum
sharing. Furthermore, the EAR scheme achieves a more than
2-fold sum throughput compared to the case without spectrum sharing at around α = 0.8. This indicates that the system
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(a)
Fig. 6.

System average throughput versus the power allocation factor α.

(b)
Fig. 7. System average throughput versus the path-loss exponent v of the
direct link PT→PR.

Fig. 8. An illustration of the impact of varying distances/locations of nodes
on the system performance. (a) An illustration of the network topology. (b) Tp
versus d0 /dp,p where dp,p = 40m, 45m, 50m.

spectrum efficiency can be significantly improved without consuming extra energy, thus building a win-win relationship
between the PU and the SU.
In Fig. 7, the system average throughput is plotted with
respect to the path-loss exponent v of the direct link. With
adjustable values of v, the effect of path-loss attenuations
can adapt to different environments covering free space to
dense urban environmental conditions [44], [45]. It is observed
that when v = 3, the case without spectrum sharing achieves
an almost 2-fold throughput compared to the proposed EAR
scheme. This is reasonable as direct transmission from PT to
PR avoids spectrum efficiency loss due to the additional time
slots required in the relay transmission. While the performance
for the case without spectrum sharing is drastically deteriorated with an increase in v, an acceptable performance can
be maintained for the proposed EAR scheme. When v > 5.5,
a higher sum throughput is achieved by the proposed EAR
scheme. When v > 5.8, even the PU itself benefits from a
performance gain under the proposed EAR scheme, let alone
the throughput achieved by the SU. When v > 6.5, almost no
data can be reliably delivered in the case without spectrum
sharing, whereas a sum throughput of T p + Ts = 1.3bits/s/Hz
can still be achieved under the proposed EAR scheme, owing
to the relay transmission and the available energy at ST
collected over retransmissions.
To reflect the impact of varying distances/locations of the
nodes, we consider the network topology shown in Fig. 8(a).
As can be seen, PT, PR, ST, SR are located at the original
(0, 0), (dp,p , 0), (d0 , −5), (d0 , −35), respectively and ST-SR
moves along the X-axis where d0 ∈ (0, dp,p ). Under these
0
conditions, the average throughput Tp versus ddp,p
is plotted

in Fig. 8(b) under different distances dp,p . We can clearly
observe that with an increase in dp,p , the overall throughput performance is degraded. Furthermore, for the baseline
scheme in which the ST forwards the received signal with all
energy available after a single transmission in the first phase,
the throughput performance is symmetrical with respect to
the location of the ST. This can be expected because when
ST is located in the middle of PT and PR, the throughput
performance suffers from limited harvested energy, as well as
the worse relay channel ST→PR. On the other hand, when
ST is located very close to PT, similar performances can be
achieved for both the baseline and the proposed EAR schemes.
This is reasonable as the energy threshold Eth can readily
be met right after the first transmission in the first phase.
When ST moves away from PT, the relay channel condition:
PT→ST, worsens, hence severely limiting the energy availability at the ST in the case of the baseline scheme. At the
same time, a better performance is achieved by the proposed
EAR scheme owing to the energy accumulated over retransmissions. However, when ST keeps moving away from PT,
since the relay channel PT→ST becomes so weak that the
energy threshold Eth can be hardly met, the performance of
the proposed EAR scheme is severely degraded and becomes
even worse compared to the baseline scheme. Thus, in order to
take full advantage of the proposed EAR scheme, the energy
threshold Eth needs to be properly selected by taking into
account the channel conditions (e.g., distances and locations
of nodes).
Together with Fig. 4(a) and Fig. 5(a), Tp is drawn versus
Op in Fig. 9(a) under different values of Rp . We can observe
that Tp and Op cannot reach optimum values simultaneously.
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(a)
Fig. 10.

System energy efficiency versus primary transmit power Pp .

baseline scheme. Furthermore, it is observed that significant
performance gains are achieved by the proposed EAR and
baseline schemes over the system without spectrum sharing,
in both low and modest power regions.
VI. C ONCLUSION
(b)
Fig. 9. An illustration of the performance tradeoff between Tp and Op .
(a) Tp versus Op under different Rp . (b) Tp versus Op under different Eth .

This tradeoff is based on a fact that in the low-outage region,
Tp is limited by the low information rate. Whereas in the highrate region, Tp is limited by the high outage probability, as
consistent with Fig. 5(a). Under the same target rate, the EAR
scheme performs the best in terms of outage probability. This,
however, may not directly translate into throughput gain due
to more occupied time slots, especially when an unnecessarily
high Eth is adopted.
Tp is plotted with respect to Op under different values of
Eth in Fig. 9(b) when Rp =2bit/s/Hz. It is observed that while
Op keeps decreasing, the corresponding Tp after reaching the
maximum value at around Eth = −28dBm(s), decreases with
an increase in Eth . This is reasonable as with a very small
Eth = −50dBm(s), it takes only two time slots to deliver
a message as in the baseline scheme, but at the cost of a
high outage probability. Conversely, with an unnecessarily
high Eth , more energy can be harvested that enables a higher
probability of successfully delivering the message, but at the
cost of degraded throughput due to more time slots required.
Furthermore, it is observed that when Eth ≤ −16dBm(s), the
lines and markers of the EAR and baseline schemes always
lie to the top left of the red circle, thus outperforming the
system without spectrum sharing in terms of both outage and
throughput.
To provide more insights, the system energy efficiency,
defined as the successfully delivered information bits per joule,
T +T
i.e., pPp s , is plotted in Fig. 10 with respect to Pp . As can
be seen when Eth = −30dBm(s), the EAR scheme outperforms the baseline scheme in that the energy flow matches well
with the information flow by exploiting the energy harvested
over retransmissions potentially. Similarly, with an unnecessarily great Eth = −15dBm(s), the performance of the EAR
scheme is degraded and becomes worse than that of the

In this paper, a cooperative spectrum sharing system assisted
by an SWIPT-based cognitive relay is considered. Based on
a two-phase AF model, the cognitive relay attempts to forward a linearly weighted sum of the primary and secondary
signals by using energy scavenged from the RF radiations of
the PU. An EAR scheme is proposed for guaranteeing that a
certain minimum amount of energy is harvested. The outage
probability and average throughput are theoretically analyzed
for both the PU and the SU under the proposed scheme.
Simulation results demonstrate that a win-win situation is built
between the PU and the SU with proper parameter settings.
Furthermore, with an appropriate selection of thresholds for
EH and retransmissions, additional performance gains can be
achieved by the proposed EAR scheme in unfavorable conditions imposed by high rate and low power. As extensions of
this work, a joint optimization of the energy threshold and the
retransmission threshold can be conducted to adapt the energy
flow to the information flow. Additionally, the initial energy
available at the cognitive relay at the beginning of a message transmission can be taken into consideration, which is
able to further improve the performance of the SWIPT-based
cooperative spectrum sharing system.
A PPENDIX A
P ROOF OF T HEOREM 1
By letting x = |hp,s |2 , y = |hs,p |2 and z = |hp,p |2 , and
substituting (6) into (8), we have
!
"
γp,0 σ 2
ξ1 σ 2 xy
Op = Pr z <
−
Pp
Pp ξ2 xy + σ 2
!


= Pr Pp ξ1 − ξ2 γp,0 xy < γp,0 σ 2 ,
"
γp,0 σ 2
ξ1 σ 2 xy
z <
−
.
Pp
Pp ξ2 xy + σ 2
Since x, y, z > 0, we have the following two cases.

(37)
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γ

p,0
A. When 0 < α ≤ 1+γ
p,0
In this case, we have ξ1 − ξ2 γp,0 ≤ 0 and thus Pp (ξ1 −
ξ2 γp,0 )xy ≤ 0. From (37), the corresponding outage probability can be rewritten as
"
!
γp,0 σ 2
ξ1 σ 2 xy
−
Pr z <
Pp
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v ξ σ4
ds,p
1



Pp2 ξ22 x

dx , (38)

dv

For ease of expression, we let I1 (x ) = e

v x + s,p
−dp,s
P ξ

σ2

p 2x

d v σ 2 d v ξ1 σ 4

Γ

s,p
; P
).
(1, Ps,p
2 2
p ξ2 x
p ξ2 x

γ

v
v
v
v
dp,s
ds,p
e −dp,s x −ds,p y
⎡

γp,0 σ 2
v
−dp,p
−
P

× ⎣1 − e

=1−2

p

ξ1 σ 2 xy
Pp ξ2 xy+σ 2

⎛ ,

v dv γ
2
dp,s
s,p p,0 σ
K1 ⎝2
φ1

v

dp,p
v
− dp,s
e

γ
σ2
ξ1 σ 2
− p,0
Pp ξ 2
Pp



# ∞
0

⎤

dv

v x + s,p
−dp,s
P ξ

σ2

⎞

v d v γ σ2
dp,s
s,p p,0
⎠
φ1

[I1 (x ) − I2 (x )]dx ,
(39)

d v σ2

d v γp,0 σ 2 d v ξ1 σ 4

s,p
Γ(1, Ps,p
+ s,pφ1 x ; P
).
2 2
p ξ2 x
p ξ2 x
Together with the above two cases analyzed in (38) and (39),
Theorem 1 is proved.
p 2x

v γ
2
−ds,r
s,0 σ
Pp ξ 2 x

dx

⎛ ,
⎞
v d v γ σ2
v d v γ σ2
dp,s
dp,s
s,0
s,r s,0
s,r
⎠
K 1 ⎝2
= 1−2
P p ξ2
P p ξ2
  

(40)
= 1 − 2 φ 2 K1 2 φ 2 ,
,

d v d v γs,0 σ 2

where φ2 = p,s Ps,rp ξ2
.
Thus Theorem 2 is proved.

By letting x = |hp,s (1)|2 , y = |hs,p |2 and z = |hp,p |2 , and
substituting (22) into (27), the probability Pr{E1,out } can be
expressed as
!
E
Pr x ≥ th , φ1 xy < γp,0 σ 2 ,
η λ̄Pp
"
γp,0 σ 2
ξ1 σ 2 xy
z <
−
.
(41)
Pp
Pp ξ2 xy + σ 2
Similar to the proof of Theorem 1 in Appendix A above we
have the following two cases.

A PPENDIX B
P ROOF OF T HEOREM 2
|2

|2 ,

p,0
A. When 0 < α ≤ 1+γ
p,0
In this case, we have φ1 ≤ 0. Then (41) can be rewritten as
!
"
γp,0 σ 2
Eth
ξ1 σ 2 xy
Pr x ≥
,z <
−
Pp
Pp ξ2 xy + σ 2
η λ̄Pp
# ∞ # ∞
v
v
v
v
dp,s
ds,p
e −dp,s x −ds,p y
= E
th
η λ̄Pp

⎡

0



× ⎣1 − e

⎦dydx

where Kv (·) denotes the modified Bessel function of the
second kind with order v [53, eq. (3.324)], and I2 (x ) =
e

v

γ

p,0
B. When 1+γ
<α<1
p,0
In this case, we have Pp (ξ1 − ξ2 γp,0 ) > 0. Then by letting
φ1 = Pp (ξ1 − ξ2 γp,0 ), (37) can be rewritten as
!
"
γp,0 σ 2
γp,0 σ 2
ξ1 σ 2 xy
,z <
Pr x > 0, y <
−
φ1 x
Pp
Pp ξ2 xy + σ 2

,

0

v
dp,s
e −dp,s x e

A PPENDIX C
P ROOF OF L EMMA 1

where Γ(a, x ; b) is the generalized incomplete Gamma func a−1 (−t− bt )
tion defined by Γ(a, x ; b)  x∞t e
dt [54].

=

# ∞

⎦dydx

# ∞

0
v
2
ds,p σ

= 1−

By letting x = |hp,s and y = |hs,r and substituting (11)
into (13), we have
"
!
&
'
γs,0 σ 2
Pp ξ2 xy
< γs,0 = Pr x > 0, y <
Os = Pr
P p ξ2 x
σ2

=e

−

v
−dp,p

v E
dp,s
th
η λ̄Pp

γp,0 σ 2
ξ1 σ 2 xy
−
Pp
Pp ξ2 xy+σ 2



v
− dp,s
e

v
dp,p

⎤

⎦dydx

γ
σ2
ξ1 σ 2
− p,0
Pp ξ 2
Pp



# ∞
Eth
η λ̄Pp

I1 (x )dx .
(42)

γ

p,0
B. When 1+γ
<α<1
p,0
In this case, we have φ1 > 0. From (41), similarly (41) can
be rewritten as
!
γp,0 σ 2
E
,
Pr x ≥ th , y <
φ1 x
η λ̄Pp
"
γp,0 σ 2
ξ1 σ 2 xy
z <
−
Pp
Pp ξ2 xy + σ 2


d v Eth
v E
v d v γ σ2
d
d
− p,s
p,0
th
p,s
p,s
s,p
;
= e ηλ̄Pp − Γ 1,
φ1
η λ̄Pp



−

v
dp,s
e

v
dp,p

γ
σ2
ξ1 σ 2
− p,0
Pp ξ 2
Pp



# ∞
Eth
η λ̄Pp

[I1 (x ) − I2 (x )]dx .
(43)

Thus Lemma 1 is proved.
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A PPENDIX D
P ROOF OF L EMMA 2
t−1

|hp,s (i )|2 , y = |hp,s (t)|2 , z = |hs,p |2
By letting x =
and w =

t

i=1

i=1

|hp,p (i )|2 , and substituting (22) into (27), the



Eth
η λ̄Pp

0

γ

σ2

(44)

ξ σ 2 (x +y)z

γ

p,0
A. When 0 < α ≤ 1+γ
p,0
In this case, we have φ1 ≤ 0, then (44) can be rewritten as
'
&
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− x , w < f (x , y, z )
Pr x <
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η λ̄Pp
v x #
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v w
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v
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f (x , y, z ) dzdydx , (45)
 x −t α−1
where γ(α, x ) = 0 e t
dt is the incomplete gamma
function [53, eq. (8.350)].
For ease of expression, we let I (x , y, z )
=
x +d v

vt d v e
p,s
p,s
x t−2 dp,s
s,p
(t−2)!(t−1)!

γp,0 σ 2
(x +y)φ1



∞

× I (x , y, z )γ

−x



0


v
t, dp,p
f (x , y, z ) dzdydx .

(47)

Thus Lemma 2 is proved.
A PPENDIX E
P ROOF OF L EMMA 4

1
where f (x , y, z ) = p,0
Pp − Pp ξ2 (x +y)z +σ 2 . Similar to the
proof of Lemma 1 in Appendix C above, we have the following
two cases.

v z)
y+ds,p

. Here (45) is obtained
by exploiting the property of the sum of a group of independent and identically distributed (i.i.d) random variables.
To be specific, for a group of l i.i.d exponential random
variables with a mean value ρ−1 , it has been proven
that the sum of these random variables, denoted by z,
follows a Gamma distribution with probability density
function [61]
! (l−1) −ρz l
z
e
ρ
, z >0
(l−1)!
fZ (z ) =
(46)
0,
else.
γ

p,0
B. When 1+γ
<α<1
p,0
In this case, we have φ1 > 0. Then from (44), similarly (44)
can be rewritten as



=
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η λ̄Pp

(t)

probability Pr{E2,out } can be expressed as
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By letting x = |hp,s (1)|2 and y = |hs,r |2 , and substituting (24) into (31), the probability Pr{E1,out } can be
expressed as
&
'
Eth Pp ξ2 xy
Pr x ≥
,
< γs,0
σ2
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−

v E
dp,s
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; φ2 .

(48)

Thus Lemma 4 is proved.
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t−1

|hp,s (i )|2 , y = |hp,s (t)|2 , z = |hs,r |2 ,
By letting x =
i=1

(t)

and substituting (24) into (31), the probability of event E2,out
can be expressed as
!
"
γs,0 σ 2
Eth
Eth
Pr x <
,y ≥
− x, z <
Pp ξ2 (x + y)
η λ̄Pp
η λ̄Pp
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2
×
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v
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P
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 d v E t−1 $
p,s th
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e

−
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%
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.
(49)

Thus Lemma 5 is proved.
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